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" Short Answer Questions 50 Pomts
(You can answer in either Chinese or English.)

: _'1 (5 po1nts) How would you use a- stack to check for balanced parentheses,-e: g ( ), in: a strmg? What
R condrtlon 1nd1cates that the parentheses are balanced When the end of the string is reached?

2. (5 pomts) If you 1mp1ement a stack wrth an array, what operatxon may be potentlally restncted and why?

1 3. (5 pomts) Anode in a linked hst has an item data and anext pomter Wnte the code segment thatiinserts

1 1nto a linear lmked list the node to which nethr points-between the two nodes pomted to by the va.rrables
: -,-prev and cur. - ‘ . :

A -"":‘4 (5 pomts) What are the three propertles of each node » in a brnary search tree"

5. (6 pomts) leen the followmg graph and nerghbormg list, what is the depth first Qeanch order startlng from

B vertex A?

" E,CB
FCA
D B, A
“FEC -
DA
D,_B~.

MU0 ® >

: 6. (12 pomts) What is.a heap" How is a heap drfferent from a binary search tree" Draw the resultant heap
| - '_,.after you. insert into the initially, empty heap the followmg values 10 9 B; 5 2 6 What 1s the resultant heap
§ = 1f the mser’uon order is changed 10'6, 3, 5,10,9, 2‘? " - : e

' 7 (12 pomts) What isa spanmng tree" What is a minimum spanmng tree? For the followmg graph draw the
R mnnmum spanning tree rooted at g and c, respectlvely ‘ :
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8. (10 points) Assume the input size is n.
(2) Formulate the recurrence equation for insertion sort and merge sort. (Explain every parameter you

used.)
(b) Is insertion sort a “in place” sorting algorithm? (Answer YES or NO) and, why?

9. (10 points) Use recursion tree to give an asymptotically-tight solution to the following recurrence, where a
is a constant in the range 0 < « < 1 and ¢ > 0 isalso a constant.
T(n) = T(an) + T((1 — o)n) +cn

10-1. (10 points) Coin changing is the problem for n cents using fewest number of coins. Suppose that the
available coins are in the denominations that are powers of ¢, i.e., the denominations are ¢,c?,...,c¥* for
some integers ¢ > 1 and k > 1. Propose a greedy algorithm and prove your algorithm yields an optimal

solution.

10-2. (10 points) Let A[1..n] be an array of » distinct numbers. If i <j and A[i] >A[j}, then the pair(i, j) is
called an inversion of A. Propose a pseudo code to detect all the inversions of Ain O(nlgn) worse time.

10-3. (10 points) A sequence < Ay, Az, Ag > of n matrices, wherei =1, 2, ... , n, matrix 4; has dimension
pi—1 X p;, fully parenthesize the product A;A; ... A, ina way that minimizes the number of scalar
multiplications. Propose a pseudo code for matrix-chain multiplication using dynamic programming in

0o(n3).
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1. [Introduction] Please answer the followings:

AR 14 18 - 58 (RTFE) Filb S BEILEBTR « 8P XRIMEE -

a) (2%) What is required for two machines belonging to a cluster to cooperate to provide a highly,
available service? |

b) (4%) Consider a computing cluster consisting of two nodes running a database. Describe two ways
in which the cluster software can manage access to the data on the disk. Discuss the benefits an
disadvantages of each.

2. [System Structures] (5%) Protecting the operating system is crucial to ensuring that the computer systemJ
operates correctly. Provision of this protection is the reason for dual-mode operation, memory protection,}
and the timer. To allow maximum flexibility, however, you should also place minimal constraints on the
user.
The following is a list of instructions that are normally protected. What is the minimal set of instructionsH
that must be protected?

a) Change to user mode.

b) Change to monitor mode.

¢) Read from monitor memory.

d) Write into monitor memory.

e) Fetch an instruction from monitor memory.

f) Turn on timer interrupt.

g) Turn off timer interrupt.

[System Structures] Please answer the followings:
a) (3%) What system calls have to be executed by a command interpreter or shell in order to start a
new process?

b) (4%) What are the two modes of interprocess communication? What are the strengths and
weaknesses of the two approaches?

. [Multithreaded Programming] Consider a multiprocessor system and a multithreaded program written|
using the many-to-many threading model. Let the number of user-level threads in the program be more
than the number of processors in the system. Discuss the performance implications of the following
scenarios.
a) (3%) The number of kernel threads allocated to the program is less than the number of processors.
b) (3%) The number of kernel threads allocated to the program is greater than the number of

processors but less than the number of user-level threads.
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5. [Multithreaded Programming] A system with two dual-core processors has four processors available for

scheduling. A CPU-intensive application is running on this system. All input is performed at progr
start-up, when a single file must be opened. Similarly, all output is performed just before the progr::I
terminates, when the program results must be written to a single file. Between startup and termination, the
program is entirely CPU-bound. Your task is to improve the performance of this application by
multithreading it. The application runs on a system that uses the one-to-one threading model (each user
thread maps to a kernel thread). .

a) (3%) How many threads will you create to perform the input and output? Explain.

b) (3%) How many threads will you ereate for the CPU-intensive portion of the application? Explain.

6. [Process Scheduling] Consider a preemptive priority scheduling algorithm based on dynamically
changing priorities. Larger priority numbers imply higher priority. When a process is waiting for the CPU|
(in the ready queue, but not running), its priority changes at a rate o ; when it is running, its priority,
changes at a rate p. All processes are given a priority of 0 when they enter the ready queue. The parameters
a and B can be set to give many different scheduling algorithms.

a) (3%) What is the algorithm that results from 8 > a >0?

b) (3%) What is the algorithm that results from a< 3 < 07

7. [Synchronization] (5%) Race conditions are possible in many computer systems. Consider a banking]
system that maintains an account balance with two functions: deposit (amount) and
withdraw (amount) . These two functions are passed the amount that is to be deposited or withdrawn|
from the bank account balance. Assume that a husband and wife share a bank account. Concurrently, the
husband calls the withdraw () function and the wife calls deposit () . Describe how a race condition

is possible and what might be done toprevent the race condition from occurring.

8. [Synchronization] Please answer the followings:
a) (3%) Explain why implementing synchronization primitives by disabling interrupts is not
appropriate in a single-processor system if the synchronization primitives are to be used in

user-level programs.

b) (3%) Show that, if the wait () and signal () semaphore operations are not executed atomically,

then mutual exclusion may be violated.

¢) (4%) The implementation of mutex locks might suffer from busy waiting. Describe how to designi

mutex locks so that a processs waiting to acquire a mutex lock would be blocked and placed into 2

waiting queue until the lock became available.
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9. [Deadlocks] Please answer the followings:

a) (3%) Consider a system consisting of four resources of the same type that are shared by three
processes, each of which needs at most two resources. Show that the system is deadlock free.

b) (3%) Assume a multithreaded application uses one reader-writer locks for synchronization,
Applying the four necessary conditions for deadlock, is deadlock still possible if multiple
reader-writer locks are used?

¢) (4%) Consider the version of dining-philosophers problem in which the chopsticks are placed at the
center of the table and any two of them can be used by a philosopher. Assume that requests for
chopsticks are made one at a time. Describe a simple rule for determining whether a particular
request can be satisfied without causing deadlock given the current allocation of chopsticks to
philosophers.

10. [Memory-Management Strategies] Please answer the followings:
a) (3%) On a system with paging, a process cannot access memory that it does not own, why?
b) (4%) How could the operating system allow access to other memory? Why should it or should it
not?
¢) (3%) Explain why sharing a reentrant module is easier when segmentation is used than when pure
paging is used

11. [Virtual-Memory Management] (5%) A certain computer provides its users with a virtual memory spacej
of 2% bytes. The computer has 2°* bytes of physical memory. The virtual memory is implemented by
paging, and the page size is 4,906 bytes. A user process generates the virtual address 11123456. Explain
how the system establishes the corresponding physical location. Distinguish between software and
hardware operations.

12. {Virtual-Memory Management] Consider a demand-paging computer system where the degree of
multiprogramming is currently fixed at four. The system was recently measured to determine utilization of]
CPU and the paging disk. The results are one of the following alternatives. For each case, what is
happening? Can you increase the degree of multiprogramming to increase the CPU utilization? Is thej
paging helping in improving performance?

a) (3%) CPU utilization, 13%; disk utilization, 97%
b) (3%) CPU utilization, 87%; disk utilization, 3%
¢) (3%) CPU utilization, 13%; disk utilization, 3%
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[Implementing File Systems] Consider a file currently consisting of 10 blocks. Assume that the file
control block (and the index block, in the case of indexed allocation) is already in memory. Calculate how
many disk I/O operations are required for contiguous, linked, and indexed (single-level) allocation|
strategies, if, for one block, the following conditions hold. In the contiguous-allocation case, assume that
there is no room to grow at the beginning but there is room to grow at the end. Also assume that the block
information to be added is stored in memory. Please explicitly demonstrate for how your answers are
derived.

a) (3%) The block is added at the end.

b) (3%) The block is removed from the end.

[Mass-Storage Structure] Requests are not usually uniformly distributed. For example, a cylinder
containing the file systern FAT or inodes can be expected to be accessed more frequently than a cykindeq
that contains only files. Suppose that you know that 50% of the requests are for a small, fixed number of
cylinders.
a) (3%) Would any of the disk-scheduling algorithms be particularly good for this case? Explain your
answer.
b) (3%) Propose a disk-scheduling algorithm that gives even better performance by taking advantage
of this “hot spot” on the disk.
c) (3%) File systems typical find data blocks via an indirect tablé, such as FAT in DOS or inodes in
UNIX. Describe one of more ways to take advantage of this indirection to improve the disk

performance.
F . |- EERBELE  FTEH,
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1.1 Which of the following is the smallest big-O estimate for the function f{n) =5 n log n + log ( n’/4) +nlog(4/ n’)?
(a) logn (b)n (c)nlogn (d) log’ n

1.2 Let N={0,1,...} be the set of non-negative integers and f: N->N a function defined by f(n) = n’- 2n + 1. Then f(n) is
(a) bijective (b) injective but not surjective (c) surjective but not injective (d) none of the above

1.3 When sorted in increasing order of growth rate, which one of the following functions would be second slowest?
(@ ’+2n+5 (b)10logn*+n (¢) nlogn (d) n!/5

1.4 Which of the following propositional formulas is equivalent to (p\V qVr) =2 s
(@ (p2s)V(@>s)V(r2s) (®) (p 289V (=q 2 V(T2 s) -
© Ed)ANG@INNCDs) (DD DHAGD A 9)

1.5 Given the context-free grammar G=(N,T,S,P) where N={S,A,C} is the set of nonterminals, T={a,b} is the set of

terminals, S is the start symbol and the set of productions P is given as follows:

S>AC C—> aChlab A->alAa
Then which of the following strings belongs to the language generated by the grammar G?
(a) ab (b) aabab (c) aabbb (d) aaabb
1.6 Let S be the smallest set of non-negative integers satisfying the following two conditions:
i. 4e8, 2. if{a,B}c S then axPeS.
Then which of the following numbers is not an element of $?
(a)16 (b) 128 (c) 256 (d) 1024

1.7 Let A, B and C be arbitrary sets and - and ~ denote the difference and complement of sets. Then which of the following
is a superset of (A - B) U ((~A) nB nC)
@ A (BbYAUC (c)B (d) (~-B)nANC
1.8 Which of the following graphs contains a Euler circuit?
(a) K¢ (A complete simple graph with 6 vertices)
(b) Ws (A wheel with 6 border vertices and one centered vertex)
(c) Qs (A 6-dimensional hypercube)
(d) Kss (A complete bipartite graph with 6 vertices in each block)
1.9 What is the value of the summation X< k x C(n,k) whenn=10?
(@ 2°*10  (®)2*10 (c)2°*100 (d)2" *100
1.10 Let R be the relation {(2,1),(2,3), (3,2),(3,4),(4,1),(4,3)} on the set{1,2,3,4}. Then which of the following pairs is not in

the transitive closure of R relation?

@ (1,1 () (2,2) (c) 3,3) d G4

# | HERREALE  RPita -
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2. SITRE (20%)

2.1 The evaluated value of the postfix expression: 823 *-4*93/+s

2.2 The coefficient of X’ in the expansion of the function (I+x++x + ) s

2.3 (5%)Leth: N -> N be a function on the set N of non-negative integers defined inductively by h(0) = 3 and h(n+1) =
2 x h(n) + nxn for n > 0. Suppose we are given a higher-order function prim_rec : (N x (NxN)>N) x N) 2> N
defined as follows:

prim_rec (k, f,n) = if(n=0)thenk else f(n-1, prim_rec(k, f, (n-1))).
Find a number K and a binary function F : (Nx N) = N such that for all n,

h(n) = prim_rec(K, F, n).
Ans: K= (2%) and F(xy)= (3%).

2.4 The weight of any minimal spanning tree of the following graph is

1

2.5 The chromatic number of the n-dimensional hypercube Q,,fc;r n>1is

2.6 Let G be a regular graph in which every vertex has the same degree. If G has 10 vertices and 30 edges, then every

vertex has degree

3. (10%) A binary relation R is called circular if for all elements a, b and ¢, aRb and bRc imply that cRa. Show that
(a)if R is an equivalence relation then R is circular, and

(b)if R is reflexive and circular, then R is an equivalence relation.

4. (10%)

(2) Show that if n > 1 is an integer, then n does not divide 2" -1. Hint: Prove it by contradiction. Suppose n divides 2"
-1 and let p be the least prime factor of n. Then we would have the facts that 2" = 1 (mod p) and 2M'= 1 (mod p)
[Fermat's little theorem], from which a contradiction can be derived. '

(b) Use the above fact and the pigeon-hole principle to show that if n > 1 is an odd number, then n must divide some
number in the set {2'-1, 2%1,..., 2™ -1}.
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-~ [5. [10%] Please show that if A is any real square matrix then § = Laramy. is symmetric and T =

;xske“PEYﬁﬂnﬁﬁiéézif L

6. [10%] (1) Please find a real 2x2 matrix A+#I, the 1dent1ty matrix or unit matrix, such that A2 =L (2) Please find
'-'-'.'areal 2x2 matrix A0 such thatAz_ 0. ' ik

o 7:,_[.17_}(‘)%]‘ Please show that if x is an eigenvec.:tor:of A MATHX A correspdndiri:g,tq. an elgenvalue)L,sc)}skxthh any |

s [10%] Please show that the determinant of an orthogonal matrix has the value +1 or -1. - -
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